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We consider the non local evolution equation

∂u

∂t
(x, t) = −u(x, t) + tanh (βJ ∗ u(x, t) + h)

where u(x, t) is a real function on R× R+, J ∈ C1(R) is a non negative even function with
integral equal to 1 supported in the interval [−1, 1], β, h are positive constants. and ∗
denotes the convolution product.

This equation arises as a continuum limit of one-dimensional Ising spin systems with
Glauber dynamics and Kac potentials; u represents then a magnetization density and β−1

the temperature of the system.
We show the problem is well-posed in some weighted spaces and the associated flow admits

a global compact attractor. We also prove the existence of a distinguished non homogeneous
equilibrium called a ‘bump solution’ or ‘critical droplet’ in the literature
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